A necessary and sufficient condition that a nonsingular matrix, M, shall be expressible as the product of two skew-symmetric matrices, viz., M = S1S2, is that every even invariant factor of the linear \-matrix, M -\I, shall be equal to the preceding odd invariant factor *
LET I be an odd prime rational integer and consider the cyclotomie field defined by e 2inl K A number of questions connected with this field depend on the divisibility of its class number by I and its powers. This class number can be expressed as the product of two integral factors one of which (generally referred to as the first factor) is
11 " 1 , r is a primitive root of I, and r t -is the least positive residue of r { , modulo I. Kummerf proved that the necessary and sufficient condition that h be divisible by I is that one of the numbers of Bernoulli, B s , [s = 1,2, •••,(/ -3)/2] is divisible by l,a B being termed divisible by an integer i when its denominator is prime to i and its numerator is divisible by i. KroneckerJ gave another proof which was reproduced by Hubert. § In the present paper I give an expression for the residue of h modulo l n , where n is arbitrary, from which it is possible to give necessary and sufficient conditions that h be divisible by a given power of / in terms of Bernoulli numbers. The argument used is a bit different from those employed by Kummer and Kronecker for the special case n = 1.
The decomposition of I into ideal prime factors in the field Q(Z) shows that one of these prime factors is
where k is an integer. The right-hand member of (1) By the Staudt-Clausen theorem lb a is an integer or a fraction whose denominator is prime to Z. All the coefficients of lb a in the right-hand member of (6) 
^+2 ^^W+Y-(^d^2).
The left-hand member of this relation is precisely the righthand member of (6) if we expand and set k = sl a + 1. Setting b a for b a in (7),. noting that b 8 i« = 0 for s odd, and comparing (6) with the new (7), the relation (5) is obtained. We then deduce from (3) and (4) On page 37 in equation (12) change y to /3 and /3 to a. On page 39 in the second equation there should be an i as a factor of each of the last two terms of the integrand.
2. Note to Art. 27, the Analogue of Green's Theorem. The approach to the analogue of Green's theorem is clearer if made in the following way, and bears more relation to the development with which we are familiar in calculus. The meaning of equations (17) to (20) 
